1. ApwOpntikn Kwnmig Yroowaotoing
Kol XQaApato XTpoyyvievong

AGKNOELS

1.2 Bpeite katdAANA0VG TPOTOVE VTOAOYICUOD TWV TOPAKAT® TOPUSTACEWV, TG MOOTE VO,
unv yavetor axpifea, 6tav ot Tpdéelg yivovrat pe aptunTiky] Kvntie vTodloGTOANG Kot
nenepacHEVN aKpifeto.

a) 1 —cosx, yio pikpd |x|. (Xwpig avantoyua Taylor.)

B) e*77, yion peydra Betika x, y.

v) logx —logy, ywo peydra Betikd x, y.

d) sin(a + x) — sina, yo pkpd |x|.

€) arctan x — arctan y, yio peydio Oetikd x, y.

1.3 Ozwpnote ) devtepoPfddua eéicwon x? — 2ax + B = 0, 6mov a, B > 0 ko ? > B.
Amote Evay evoTadn aAyOopOpo Y10 TOV VTOAOYICUO TV POV TNC.

1.4 Ocwprote TV TprtoPaduio e&icwon x* + 3px +2¢g = 0, 6mov p, g mpoypotikoi apBpol
ko p3 + g? > 0.

o) Amodeifte 0Tt €xel povo pia mpaypatikn pilo p, mov pdAota divetal omd ToV TOTO TO

Cardano:
p=u—v, Omov u= (\/p3—|—q2—q)1/3, v = (vp3+q2+q)1/3-

B) Av p? > ¢?, anodeilte 611 0 TOMOC Tov Cardano Oa &yel TpoPAfpato evoTAdEIng GTOVC
VTOAOYIGLLOVG.

Y) Xpnowonowdvrag v tovtdmra u® —v3 = (u —v)(u? + uv + v?), ddote Evav evotadn
TPOTO VITOAOYIGHLOV TNG P.
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[Enpetdvovpe 6t 0 dsvtepoPfddutoc 6poc oe pa yevikn tprtoféda eficmon y3 + ay? +
By + y = 0 umopei va. amaAeipBei pe v avrikatdotaon x = y + o/3.]
1.6 0) Amodei&te 6t 1 akoAovbia
b4
Vk — ok tan2—, k=23,...,
elvar pBivovoa kot cvykAivel oto 7. (l'ewpetpikn epunveia 6tov povadiaio KOKAO;)
B) Amodeite 6T M Yi TapAyETOL OVAOPOUIKA Otd TOV ahydp1OLo
y2 =4

| = 9%+t V1I+(27Fy)? =1
Yk
v) Av kdvovpe TpAEELS LE aptOUNTIKT KIVNTHG VTOOIGTOANG UE TEMEPACUEV aKpiPera, wo-

, k=2,3,....

Y+

POTNPOVUE OTL 0 aAyOp1OL0og ToL B) eivan actadnc. ITowa etvan n artia TG aotdOeLng;
0) Bpeite évav evotabn adyopiBpo (mov amoattel povVo TIg T€00EPELG TPAEELS TNG aPOUNTIKNG
Kol eEaywyn TETPAYOVIKOV pLidV) Yio TOV DVTOAOYIGUO TOV Vi .

r e . T e m 7 4
1.7 o) 'Eoto, yio n > 3, y, := nsin i ko ¥, := ntan 2, avtictoya, n npurepiperpog tov
KOVOVIKOD 71—Y@MVOL TOL £val €YYEYPOLLEVO, OVTIGTOL(O TEPTLYEYPAUUEVO, GTOV LOVAOLAIO

KOKAO. Amodei&te Ot

3

bis 3 1

1
yn:n—@—i-O(;), Y,,:n—i-?)n2 —1—0(;)
Kol 00MyN0eite 6T0 CLUTEPAGHO OTL O YPOUKOG GVVIVACUOG Z,, = %(2 Yn + Yu) pog dive
TPOCEYYIoN TOL 7T e axpifela O(n%l) EmBeparmdote v avénpévn akpifeia tov z, xpnot-
HomolmvTog To aptfuntikd dedopéva tov Iivaxo 1.11.

B) Amoodeitte pe avaioyo TpoTo OTL

1 ° 1
n::_4 n— JVn)— - +0 — )
=gy —yn) =7 = oo+ 0(5)

kot emPefordote TV TaEN axpifeog O(n%l) TOV I, G TPOGEYYIGNS TOV TT PN GLLOTOLDVTOG
tov [Mivaka 1.11. TIdhg propodpe va KOTaoKELAGOVUE TPOoeYYioels Tov 7w pe akpifewa O ( n% )
(O1 Bertiopéveg mpoceyyioels z,, 1y €lval Tapadetypota pog yevikdtepns stodkaciog, tng
Aeyouevng “mpoéktaonc kotd Richardson” mov ypnoipomoteitol cuyvé oty aptOuntikn avé-

Avon.)

1.12 ®éhovpe vo vmoloyicovpe, yio dedopévn (neydin) otabepd o > 1, Toug O6pOLG TNG
axolovdiog

1 n

X

yn:/ dx, n=0,1,2,....
0o X to
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a) Amodeifre 6tiyokdfe o > 0n axorovbia (v, ) eivaryvnoing pbivovoo kot 0t lim, o vy =
0.

B) Amodei&te 6tL, yuun > 1,

Yo = ni(—nk()“k Ao ™ |y 10g 2.

— k n—=k o

Eivar o tpémog avtdg vIroAoyis ol Tov y, €veTadNS;

v) IIpocdiopiote avadpopKd TOTO Yo TOV VITOAOYIGUO TOV Y, GUVOPTIGELTOV Vy,—1 KOL VTTO-

AoyioTe aVOAVTIKG TO Vo. ATOOEIETE OTL 0 AAYOPIOLOC TOV TPOKVTTEL OEV Elval EVGTOONG.

0) Amote évav evotadn adyopOLo Yo TOV VTOAOYIGUO Y. TOV Y1p.

1.13 Aepevvnote Vv KoTdoTooT TOV TPOPALATOS TNG ETIAVONG TOV GLGTIATOS
x + y=1
x+(1—a)y=0

YO0 TPOLYHOTIKES TIUEG TNG TOPAUETPOD .

1.15 (O vwootég pileg g povadag.) Ta évav puotko apBuo v, BePormbeite 6tL o1 v pileg
¢ e€lowong z¥ = 1 eivan

2mik

zr,=¢ev , k=0,1,2,...,v—1,

1E 1 T QovTooTKh povada, i = /—1. Befaumbeite emiong ot i v > 3, o onpeio zg =
1,z1,...,2y—1 €lval Ol KOPLOEG TOV EYYEYPAUUEVOL GTOV LOVOSLOI0 KUKAO LE KEVTIPO TNV
apyn TOV aEOVOV GTO PIYASTKO EMITESO KOVOVIKOD V—Y®DOVOU.

Epappoyn (BA. v (1.22)):

(x=2°=10" < [10(x-2)]" =1 <
T 1 T
10(xk—2) =%, k=0,1,...,5 &> x =2+Ee%, k=0,1,...,5.
[Yrédeiln: Touemva pe tov tono tov Euler, y1a x € R, éyovue e™* = cos x + isin x, cvve-
TG 10 ¥ 1600TuL [E TN HOVASH, av Kol HOVO oV TO X &ivan aképoilo TOAATALGLO Tov 277.
[Switepa,

(zx)) =™k =1, k=0,1,2,...,v—1.

Ioto onueio otov povadiaio kokho eivat to e*; BA. o Zyfuo [1.8.]
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=

Tyina 1.8: Teopetpicy eneénynon tov e, aplotepd, Kat Tov vooosTdV pidv g Hovd-

dag, yuoo v = 8, 8e&1d, 6To yadikd emimedo.



