1. ApwOpntikn Kwnmig Yrooweotoing
Kol XQaApato XTpoyyvievong

AcGKNoELS

1.2 Bpeite katdAANA0VG TPOTOVE VTOAOYICUOD TWV TOPAKATED TOPUSTACEWV, £TCL MOOTE VO,
v xévetor axpipeta, dtav ot TPAEES yivovtal pe apt@untikn Knte vrodlocToAng Kot
nenePacpHEVN aKpifeto.

a) 1 —cosx, yio pikpd |x|. (Xopig avantoyua Taylor.)

B) e*77, yion peydra Betika x, y.

v) logx —logy, ywo peydra Betikd x, y.

d) sin(a + x) — sina, yio pukpd |x|.

€) arctan x — arctan y, yio peydio 0etikd x, y.

1.3 Ozwpnote ) devtepoPfddua e€icwon x? — 2ax + B = 0, 6mov a, B > 0 ko ? > B.
Amote Evay evotadn aAyOopOpo Y10 TOV VTOAOYICUO TV POV TNC.

1.4 Ocwprote TV TprtoPaduia eEicwon x* + 3px +2g = 0, 6mov p, g mpoypoTikoi apduoi
ko p3 4 ¢? > 0.

o) Amodeifte 0Tt €xel povo pia mwpaypatikn pilo p, mov pdAota divetal omd ToV TOTO TO

Cardano:
p=u—v, Omov u= (\/p3—|—q2—q)1/3, v = (vp3+q2+q)1/3-

B) Av p? > ¢?, anodsitte 611 0 TOMOC ToL Cardano Oa &yel TpoPAfpaTo eVTANEING GTOVC
VTOAOYIGLLOVG.

Y) Xpnowonowhvrag v tovtdmta u® —v3 = (u —v)(u? + uv + v?), ddote Evav evotadn
TPOTTO VITOAOYIGHLOV TNG P.
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[Enpetdvovpe 6t 0 dsvtepoPfddutoc 6poc oe pa yevikn Tprtoféda eEicmon y3 + ay? +
By + y = 0 umopei va. amareipBei pe v avrikatdotaon x = y + «/3.]
1.6 a) Amodei&te 6t1 1 akoAovbia
b4
Vk — ok tan2—, k=2,3,...,
etvar pBivovoa kot cvykAivel 6to 7. (l'empetpikn epunveia 6tov povadiaio KOKAO;)
B) Amodeite 6T M Yi TapAYETOL OVAOPOUIKA OtO TOV ahydp1OLo
y2 =4

| = 9%+t V1I+(27Fy)? =1
Yk
Y) Av kdvovpe TpAEELS PE aptOUNTIKT KIVNTHG VTOOIGTOANG LE TEMEPACUEV aKpiPeta, o-

, k=2,3,....

Y+

patnpovue 0Tt 0 adkyopBpoc tov B) ivor actadng. Iow etvon n autia g actdbetog;
0) Bpeite évav evotabn adyopiBpo (mov amoattel povo Tig T€00EPELG TPAEELS TNG aplOUNTIKNG
Kol eEaywyn TETPAYOVIKOV pLidV) Yio TOV DVTOAOYIGUO TOV Vi .

r e . T e m ’ 4
1.7 o) 'Eoto, yiw n > 3, y, := nsin - ko ¥, := ntan 2, avtictoya, N npurepiperpog tov
KOVOVIKOD 71—Y@MVOL TOL £Ival EYYEYPOLLEVO, OVTIGTOLO TEPLYEYPAUUEVO, GTOV LOVAOLAIO

KOKA0. Amodei&te Ot

3
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1
yn:n—@—i-O(ﬁ), Y,,:n—i-?)n2 —1—0(;)
Kol 00MyN0eiTe 6TO0 CLUTEPAGHO OTL O YPOUHKOG GUVIVACUOG Z,, = %(2 Yn + Yu) pog dive
TPOCEYYIoN TOL 7T U axpifela O(n%l) EmBepardote v avénpévn akpifeia tov z, ypnot-
HoTol®VTOG To aptfuntikd dedopéva tov Iivaxo 1.11.

B) Amoodeitte pe avaioyo Tpomo OTL

1 ° 1
n::_4 n— JVn)— - 0_.»
= gy —yn) =7 = oo+ 0(5)

kot emPefordote TV TaEN axpiferog O(n%l) TOV 7', G TPOGEYYIGNS TOV T PN GLLOTOLDVTOG
tov Ilivaxa ??. TIdg pmopovpe vo KATOUOKEVAGOLVLLE TPOGEYYIGELS TOV 7T e aKkpifeia 0(%);
(O1 Bertiopéveg mpooeyyioels z,, 1y €lval Tapadeiypota pog yevikdtepns stodkaciog, tng
Aeyouevng “mpoéktaonc kotd Richardson” mov ypnoiponoteitol cuyvé otnv aptOunTikn avé-

Avon.)

1.12 ®éhovpe vo vmoloyicovpe, yio dedopévn (pneydin) otabepd o > 1, Toug OpOLG TNG
axolovdiog

1 n

X

yn:/ dx, n=0,1,2,....
0o X to
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a) Amodeifre 6tiyokdfe o > 0n axorovbia (v, ) eivaryvnoing pbivovoo kot ot lim, o vy =
0.

B) Amooeilte 0T, yion > 1,

n—1
n (1+a)y =k —qn* , 1+«
Vp = Z(—l)k (k)ak + (—a)" log L

n—=k
k=0

Eivat o tpdmog avtdg vmoroyiopov tov y, evotadng;

v) Ipocdiopiote avadpopkd THTO Y10 TOV VTOAOYIGHO TOV Y, GUVOPTHGEL TOV Yy,—1 KOLVITO-
AoyioTte avOAVTIKG TO Vo. ATOJEIETE OTL 0 AAYOPIOLOC TOV TPOKVTTEL OEV Elval EVGTOONG.

d) Amote évav gvatadn alydpifuo yio Tov VTOAOYIGUO Y. TOV V1g.
1.13 Aepevvnote TV KOTAGTAGT TOL TPOPANLOTOG TG EMIAVOTG TOV GLGTHLOTOG

X+ y=1
x+(1l—-a)y=0

Y10 TPOLY LOLTIKEG TILEG TNG TOAPAUETPOL .



